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Let J? be a real closed field, K = R(x Ì9 ..., x n ) a formally real extension of transcendence degree r over R and set A = R[xi, ..., x n ]. We say that a prime ideal gP of A is locally real if 0> is (ß w f] 4)-convex, where ß w stands for the partial order of the sums of squares of K.
We have the following main result. SKETCH OF THE PROOF. We consider first the case m = 1 and dim 0> = 0. Let V be an algebraic model of K with coordinate ring A. Then @> corresponds to a central point of V that we assume to be the origin 0. Now the existence of zero-dimensional rank one real places of K centered at 0 is equivalent to finding formal Zariski-dense curves on F through 0, i.e., homomorphisms 7*: R[X l9 ..., X n ] -* R [[t] ] such that ker y = J(V) and the order of yiX t ) is positive for all / = 1, ..., n. Therefore the theorem for m = 1, dim £P = s = 0 follows at once from the following result. field R. Then to break down the equality dim &> = s we reduce ourselves to the case of hypersurfaces, and then we blow up the origin adequately, following Zariski's local uniformization theorem. Finally by composing rank one places we reach Theorem 1 for arbitrary m and s.
REMARK 4. The proof of Proposition 3 is geometric, which forces us to work first over microbial fields (where analytic functions do define "material" curves) and afterwards to extend the result to arbitrary ground fields.
REMARK 5. It is interesting for further applications to point out the following byproduct of the proof of theorem 1. Set A = Ap/tPAy, assume that ß is a total order of K such that 0> is (ß f| v4)-convex. Then the place § of Theorem 1 can be chosen such that its residual field is an ordered extension of (A, ß) where ß = (ß Ç] A<Ù\&A 9 .
Let us pass to the existence of specialization chains of real places. 
